Math 6320 Functions of a Real Variable Fall 2015
Dr. Vaughn Climenhaga, PGH 665

HOMEWORK 7

’Due in class Fri, Oct. 9. ‘

. Folland, 2.12. Prove Proposition 2.20: If f € L™ and ff < 00, then
{z | f(x) = oo} is a null set and {z | f(z) > 0} is o-finite. (See
Proposition 0.20, where a special case is proved.)

. Folland, 2.15. Suppose {f,} C L*, f, — f pointwise, and [ f =
lim [ f, < oo. Then [, f = lim [, f, for all E € M. However, this
need not be true if [ f =lim [ f, = co.

. Folland, 2.14. If f € L*, let N(E) = [, fdu for E € M. Then X is a
measure on M, and for any g € L*, [ gd\ = [ fgdu. (First suppose
that g is simple.)

. Folland, 2.17. Assume Fatou’s lemma and deduce the monotone con-
vergence theorem from it.



